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1 Introduction

Gas phase combustion kinetic systems are driven by chain reactions (initiation, propagation, branching, and termi-
nation (see e.g. [1,2]) and reactive intermediate species – radicals. In the hydrogen-oxygensystem, for instance, the
radicals are H, O, OH, and to a lesser degree HO � ; the reaction steps

����� ��� ���	�
�
and

���	� ��� �	���
�
are two well-known chain branching steps. The number of molecules of the radical species generated (as a product)
for each consumed (as a reactant) by the kinetic system is defined as the branching factor. Having a fast rate of
reaction relies on the overall branching ratio [1] of the system being  1. When this is so, there is an exponential
growth (in time) in the number of molecules of the radical species, thus the dynamical system would exhibit at
least one eigenvalue with a positive real part i.e. an explosive mode. Another physical phenomenon often quoted
to explain the fast reaction rate found in combustion systems is the “thermal–run–away” mechanism – exothermic
reactions increase the temperature of the system, which in turn increases the reaction rates. For instance, consider������������������� �"!�#$��%&�'%(�*) ,+ , which is a simple representation of an exothermic system with a high activation
energy ( - ).�0/'�1�*)

); it can be easily verified that the eigenvalue of this system is real and positive. We expect,
for a general chemical kinetic system (via either mechanism – branching factor  1 or thermal–run–away) that
some components of the system have at least one eigenvalue with positive real part i.e. an explosive regime. Those
mechanisms that lead to exponentially fast reaction rates are then used to explain the propagation of a premixed
flame. A phenomenological explanation for the premixed flame propagation is that the heat or radical species
generated in the reaction zone diffuse into the unburnt mixture and bring the system into an explosive regime. In
this work, we will examine the “exponential” growth phenomenon in the homogeneous ignition of two fuel/air
mixtures and in the propagation of their respective premixed flames.

We consider a general chemical kinetic system
�324 ������� 25 6 2487 %�24:9�;=< % 25?> ;=< � ;=<

. An explosive mode
exists when there is an eigenvalue of the Jacobian matrix @BADC 25 6 2487 � C 24 with a non–trivial positive real part. In
contrast, when an eigenvalue has a negative real part, the corresponding mode decays exponentially in time. The
determination of whether an explosive mode is affecting the evolution of the system, and the identification of its
E
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associated time scale, can be achieved as follows. Let us consider an ordered set of time scales associated with
the dynamical system: � ��������� � � ���	�
������� � < � , defined as ��.A���� ��� 6��  7 , where the �  , � � � %P� �P� %�� ,
are the eigenvalues of @ , and

� 6��  7 denotes its real part. The next step is to decide if a mode, explosive or not,
is of relevance. This is done using Computational Singular Perturbation (CSP) [3–5] analysis of the chemical
system. Using CSP, we identify the attractive slow–manifold of the chemical system, and distinguish among the
fast exhausted modes ( � � � %P� �P� %�� ) and the non-exhausted modes ( � ��� � � % �P� � %�� ). The fastest of the
non-exhausted modes (mode

� � � ) is the “driving” mode whose time scale ��� � � controls the time evolution of
the system at that instant. Whether or not a given non-exhausted mode is active depends on the amplitude of its
projection on the slow–manifold. If this is sufficiently large, the mode is active, otherwise it is dormant and does
not determine the time evolution of the system. With this analysis, the role of explosive modes in determining the
time evolution of the chemical system is examined below.

2 Results: Homogeneous ignition of the hydrogen and methane systems

We considered both hydrogen and methane mixtures of various degrees of dilution and equivalence ratios (from rich
to lean). All are ignited by setting the system to a sufficiently high initial temperature (1000 K) while pressure was
kept constant at 1 atmosphere. All these ignition calculations exhibited a two–stage ignition process starting with
an initial stage characterized by the existence of one or more explosive modes (positive eigenvalue(s)) followed
by a regime having only the decaying modes (negative eigenvalue). Also, in the second regime, the magnitude
of the controlling time scale is much smaller (faster) then those in the initial explosive stage. We will show here
only the results obtained with the stoichiometric hydrogen/air mixture as all other calculations made with different
equivalence ratios and those made with the methane/air mixtures showed similar trends. In particular the Yetter
mechanism [6] was used in the ignition simulation (although the results are not shown in this abstract, the GRI3.0
mechanism [7] was used for all the methane/air mixture calculations).

The graphs shown in Fig. 1 depict plots of � � � � , temperature and the mass fractions of a few radical and
intermediate species versus time, for the hydrogen/air ignition study. The homogeneous ignition process exhibits
explosive modes in the induction stage. By initial or induction stage, we refer to the duration in time before any
significant rise in temperature occurs. Since these explosive modes occur when temperature remains constant, their
occurrence must correspond to some active branching processes in the kinetic system (overall branching ratio !� )
building up a pool of radicals or important intermediate species. By considering the time plots of different species
in this period, one can easily discern the ones being produced by the branching processes. We show, for example,
the time variation of

4#"%$'&
in Fig. 1. We also observe that the real parts of all the eigenvalues become negative

before the temperature starts to rise, which indicates that the explosive mode is not associated with the thermal–
run–away phenomenon (as all explosive modes cease to exist before the temperature begins to rise). Similar results
concerning to the role of the thermal–run–away phenomenon were also observed in the ignition studies with the
methane/air mixtures tested.

3 Results: Premixed flames

We also computed freely propagating one–dimensional premixed hydrogen/air [6] and methane/air [7] flames using
PREMIX [8]. We examined the hydrogen/air flame at equivalence ratios of 0.5, 1, and 2; and the methane/air flame
at equivalence ratios of 0.7, 1, and 1.5. We present in Fig. 2 below the results for one case only, the stoichiometric
hydrogen/air flame.

The figure includes plots of temperature,
4%$%"

,
4(")$ &

, and ��� � � versus the flame normal coordinate. Note that
��� � � is always positive, i.e. the first active mode is always a decaying mode in the entire spatial domain. In fact,
there is no explosive mode at any spatial grid point. We also note that the same premixed flame, when subjected
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Figure 1: Left: Homogeneous ignition of a hydrogen–air mixture: plots of ��� � � , � ,
4($'"

,
4 "%$'&

versus time.
Right: Homogeneous ignition of a methane–air mixture: plots of � � � � , � ,

4 $%"
, and

4
�
" & $

versus time.

to a large strain rate in a two-dimensional flow context, also exhibits no explosive modes. We conclude that the
existence of an explosive mode is clearly not a necessary condition for the existence of a premixed flame. One
cannot however rule out the possibility of having explosive modes in the kinetic system since the diffusion process
has a stabilizing effect. The results were similar in all the other hydrogen/air and methane/air premixed flame cases
indicated above, in the sense that no explosive modes were observed in any of them.

In a premixed flame, the heat and reactive species transported from the reaction zone toward the unburnt gas
“push” the system into a regime in which all modes are decaying exponentially in time at very fast rates. These
decaying modes bring the system toward the equilibrium point through successive slow–manifolds (all being at-
tractors) of decreasing dimension. The absense of explosive modes in the above premixed flames is clearly related
to the transport processes. It is possible that the introduction of radical species (via diffusion) into the mixture
upstream of the reaction zone caused the disapperance of the explosive modes in a premixed flame. We per-
formed other hydrogen-mixture homogeneous ignition calculations by adding radical species to the initial mixture,
while setting the initial temperature to 298K. We found that the ensuing homogeneous ignition process does not
exhibit any explosive modes, in contrast with the high–temperature homogeneous ignition discussed above. We
also repeated, for the hydrogen mixture, the high–temperature homogeneous ignition calculation but with some�
� � added to the initial composition. In this case also, all the explosive modes disappeared. These two numer-
ical experiments suggest an explanation for why explosive modes are not always observed in a premixed flame.
The transport of radical species may put the chemical system in a region where all the modes decay toward the
equilibrium point at a very fast rate without having to go through a regime with explosive modes.

4 Conclusions

We performed calculations to investigate the classical theories of chain branching and thermal–run–away that lead
to the rapid oxidation of fuels. Mathematically, both theories infer the existence of eigenvalues with positive real
parts i.e. explosive modes. We found in studies of homogeneous hydrogen–air and the methane–air mixtures that
when ignition is initiated by a sufficiently high initial temperature, the transient response of the system exhibits
two stages. The first stage is characterized by the existence of explosive modes. The ensuing second stage con-
sists of fast exponential decay modes that bring the system to its equilibrium point. We demonstrated with two
examples that the existence of explosive modes is not a necessary condition for the existence of a premixed flame.
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Figure 2: Stoichiometric hydrogen–air premixed flame: plots of ��� � � , � , and
4#$%"

versus the flame normal
coordinate (cm).

Homogeneous ignition calculations for mixtures with an initial concentration of radical species suggest that the
diffusive transport of radical species is probably responsible for the lack of explosive modes in premixed flames.
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